
Ih9. Symmetric orthogonal polynomials

39 . 1 . Even and odd polynomials of
suppose [PnXh is symmetric and

Pn+i(ex = +Pn(1) -AnPn-1(x)

Recall A linear functional L
We have-

symmetric OPS

- I
with lin fun 2 . (2(1) = 1).

&

is ammetric if all odd moments Pen (+1) = (13 Pm(x) = Pen(x)
are zero .

(t(cin+) =0) . Pent(->= - PentibD .

Def) [Pn(x4n>0 : monic Ops

for 2
.
[PnbYnso is symmetric

=> Pm(es) = En (12)

if I is symmetrica. Prun (11)= x On (x2)

Im [Pn(x)Ynxo : monic OPS for L. En(x) ,On() : polynomials .

⑦ L is symmetric D'Eprixin sym SEn(X)Ynxo : even poly for [Pn(x13
-

② Pn(-c) = ( )" Pnk1) for all 30. & On (x)Yno : odd poly -

-

③ Pn+()= xPn(ex - XnPny (X) .



Def) linear functionals 22 , 20:pt) [Prixh
: ops for 1

2)(f() = 1 (f(x2)
2 (Pr(esPaCell) = On ,mKn (Kuto) .

20 (f(x) = ](x +(7)
.

Le(En (1) Em(1)) = [ (En(1) Em(i)
= L(Pm(x) Pemcell) = On , m Kan .

Ne 22(1) = 2(1) =1 - SEnh Ops for I

20(1) = y2(x) = 1 . I2) (OnGi)Omies)=+ , 7 (> Once)Om(x2)
Def)
M ? = 24(x") , Mi=2o(x"). = * L(Pm+()Prm+i(es)

Ihm CEn(X13mo : Ops for Ye
= * Jim Kentl

.

(OnGRYmo : Ops " 10 => SOn3 Ops for Io

Mr = 2e(x") = 2(x2)
=Men

Mp = Man
M = 20(n) = 2(x) = *, Mmez.

Mi= #, Mentz 1











3 9 . 3. J-fractions and S-fractions .

An Efraction (Stielties - fraction)

is a continued fraction of form G2, , . -. .

I
↑ U

-
= &[ wtilO , C) x

1

-
30 TEDyckm

A Jefraction (Jacobi-fraction)

is I rot (it : 1b , ) e"
- =Motzn
1- box-x-x
-

--.




